We establish some coupled fixed point theorems for a mapping satisfying some contraction conditions in complete partial metric spaces. Our consequences extend the results of H. Aydi 2011 .
Introduction and Mathematical Preliminaries
The notion of a partial metric space PMS was introduced in 1992 by Matthews 1, 2 . Matthews proved a fixed point theorem on this spaces, analogous to the Banach's fixed point theorem. Recently, many authors have focused on partial metric spaces and their topological properties see e.g. [3] [4] [5] [6] [7] [8] [9] .
The definition of a partial metric space is given by Matthews see 1, 2 as follows:
p F x, y , F u, v ≤ kp F x, y , u lp F u, v , x , 1.4
for all x, y, u, v ∈ X, where k, l are nonnegative constants with k l < 1. Then, F has a unique coupled fixed point.
For a survey of fixed point theory, its applications, and related results in partial metric spaces we refer the reader to 4, 5, 12-20 and the references mentioned therein. Also, many researchers have obtained coupled fixed point results for mappings under various contractive conditions in the framework of partial metric spaces see, e.g., 21, 22 . In this paper we establish some coupled fixed point results of contractive mappings in the framework of complete partial metric spaces. Our results extend and generalize the results of Aydi 11 .
Main Results
We recall three easy lemmas which have an essential role in the proof of the main result. These results can be derived easily see, e.g., 1, 2, 6 . 
Throughout this paper, we assume that all of the constants are nonnegative. Our main result is the following. The method of the proof can be found in 11 .
Theorem 2.4. Let X, p be a complete partial metric space and F : X × X → X be a mapping such that Proof. Let x 0 , y 0 ∈ X be arbitrary. Define x 1 , y 1 ∈ X such that x 1 F x 0 , y 0 and y 1 F y 0 , x 0 and in this way, we construct the sequences {x n } and {y n } as x n F x n−1 , y n−1 and y n F y n−1 , x n−1 , for all n ≥ 0.
We will complete the proof in three steps.
Step I. Let δ n p x n−1 , x n p y n−1 , y n . We will show that lim n → ∞ δ n 0. Using 2.2 we obtain that
Analogously, starting from p x n 1 , x n p F x n , y n , F x n−1 , y n−1 , we have 
where, from our assumption about coefficients α i , λ ∈ 0, 1 ; hence, 
2.11
So, we have lim n,m → ∞ p x n , x m p y n , y m 0. This proves that {x n } and {y n } are Cauchy sequences in X, p and hence {x n } and {y n } are Cauchy sequences in the metric space X, d p . From Lemma 2.1, X, d p is complete, so {x n } and {y n } converge to some x, y ∈ X, respectively; that is, Step III. We will show that F has a unique coupled fixed point. From the above step,
Next, we will prove that x F x, y and y F y, x . We have
Taking the limit as n → ∞ in the above inequality, as x n 1 F x n , y n and using triangle inequality and 2.12 , we have Taking the limit as n → ∞ in the above inequality, since y n 1 F y n , x n and using triangle inequality and 2.13 , we have 
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for every pairs x, y , u, v ∈ X × X, where k l < 1. Then F has a unique coupled fixed point in X.
Example 2.16. Let X 0, ∞ and p on X be given as p a, b max{a, b}. Obviously, the partial metric space X, p is complete see, e.g., Example 2.3 of 11 .
Define F : X × X → X as F x, y x y /30, for all x, y ∈ X. Now, we have 
